Giai toan trac nghiém thi tot nghiép THPT trén may
tinh Casio.
Thuc hién: Lé Danh Long.

Phin 1: Gi6i thiéu chung

Trudce thi t6t nghiép trung hoc pho thong mdn toan nam 2017 cia bod gido
duc va dao tao dua ra, dé thi nam nay s€ thi theo thé thirc tric nghiém, vi vé mot
s6 ban s& chua thé quen vo1 viéc giai tric nghiém v&i mon todn, cling nhu viée
eo hep vé mit thoi gian s& khién cac ban kho khin trong qué trinh xir 1y cac cau
hoi trong dé. Do d6, toi xin dua ra mot s6 thu thuat ciing nhu phuong phap sir
dung may tinh Casio gitp cac ban c6 thé dé dang hon trong viéc tim ra dap an
trong thoi gian ngan nhét. Trong tai liéu nay t6i co dua ra phuong phap cho
tung dang toan, c6 vi du cu thé va chi tiét cach giai dé ban doc c6 thé dé dang
nam bt va van dung, sau do s€ 1a mot sb bai tap dé ban doc thyc hanh. Mong
tai liéu nay sé& giup ich cho cac ban trong ki thi sap toi.

Trong tai liéu nay, t6i noi dén viéc sit dung CASIO Fx 570VN plus. Vi
thé mot s6 phan bai tdp cac mdy tinh thdp hon s& kho 4p dung duoc, toi khuyén
ban doc nén dung it nhat 1a may fx 570 — ES. Cac ban nao c6 dong mdy thap
hon thi van ¢6 cach 1am, mudn tim hiéu xin lién hé véi tac gia.

L& di nhién toan hoc van can tu duy va kién thuc tét, va mac du tai liéu
nay c6 dua ra rat nhiéu phuong phap hay va ngan gon, nhung néu ban doc c6
kién thtrc co ban tot va tu duy nhanh nhay, cong viéc van dung phuong phap s€
hiéu qua hon, mdy tinh CASIO s¢€ giup cac ban dic luc hon.

Tai liéu nay chua thé néu 1én dﬁy du hét chirc nang cua CASIO, ban doc
c6 cach gidi hay hodc bo sung xin lién hé vdi tac gia dé tai liéu dugc hoan thién
hon.

Chuc cac ban ¢6 mdt ki thi that tdt!



Phan 2: Mot s6 kién thire trwde khi bit dau

Trong may tinh CASIO phén dinh rat 16 rang
cach thao tac, cu thé nhu sau:

| cAsIO

NATURAL-LLP.A.M.

> Phim I¢énh SHIFT
C6 mau vang, nd s€ co6 tac dung voi tat ca cac
chtrc ndng mau vang trén ban phim may tinh.

CMFLE = Math

Vi du: Trén phim AC c6 dong chit OFF mau
vang, do do6 to hop phim SHIFT AC s& co tac
dung OFF: Tit may.
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Vi du: Pé nhap X 1én man hinh, ta dung t6 hop
phim ALPHA)

IZEIHET

Trén phim “)” ¢6 chit X mau do hong, khi
nhan thi man hinh s¢€ hién X.

>Phim 1énh MODE dé chuyén chiic ning
hoat dong cua may tinh.

Khi nhin MODE may tinh s& hién 1én cac chirc

nang hoat dong véi

b

\ Z. N 1:COMP  Z:CMPLX
tung do1 tuong lam viéc. S1ETAT d:1BAZE-H
. . S ERH SIMATRIA
Vi du: MODE 2 mdy s€ chuyén sang ché d0 | 7sTHELE &:WECTOR

CMPLX lam viéc trong méi trudng sd phc.

> Trong qué trinh tim dap an dang, ta s& gip mot sd trudong hop phai thir 1an

lugt cac dap an c6 trong dé bai. Ta nén tim thr tu thir thich hop tir cac dap an
giong nhau trudc.

Xu hudng ra dé tric nghiém thuong tung ra cac dap an nhiéu, cac dap

an nhiéu thuong sé rat giong nhau, khac nhau mét chat phan hé s hoic phan



cong thirc, dé gay cho hoc sinh tim 1y hoang mang, ciing nhu c¢6 thé nham
trong qua trinh chon dap 4n, nhung d6 cling chinh Ia chia khoa dé ta nhan ra
dau 1a dap an dé ding dé tién hanh thtr né trudc.

. y=1 41
Vi du: Tinh dao ham cua ham so Y ng"”(x " ):

] ‘:; 2)(,‘ y‘: 2x

A V= B g (x* +1)In2017 C Y= o17 D (x*+1)In2017

O dé bai nay, khi nhin vao 4 dap 4n, ta c6 thé thay B va D rat gidng nhau, sau
do6 khac hon mdt chu 1a A, va cudi cung khac nhat 1a C. Do do6 trinh tu thu dap
an cua chung ta sé 1a: B, D, A, C.



Phin 3: Ap dung Casio vao gidi cac dang toan

Kién thire 1: Cac bai toan vé ham so.

Ta st dung churc nang tinh dao ham cia ham s6 tai 1 diém dé thuc hién tim dap
an cac bai toan tinh dao ham

= Baito4n 1: Tinh dao ham ciia ham sé tai 1 diém dap an c6 két qua.

N\ 14 \ /( = .x 14 \ 2 \ /( . . 7\ —
Bai toan: Cho ham s /(%) .Tinh dao ham cua ham so6 tai diém X=4a,

%(f(x)) K

Cu phép:
Néu két qua 13 0, d6 1a dap an dung.
Trong do:

> f(x) chinh 12 ham s trong bai toan

> ala gid tri cua bién tinh dao ham

> K 1a két qua nam trong cac dap an cia dé bai.

> Ban doc c6 thé d6i may tinh thanh ché d6 1am tron SHIFT MODE 6 va
chon 1am tron tir 0 ~9 chir sé sau dau phay.

Hr@)
X

X=d

Hoac ct phéap:
Pé tinh két qua dao ham cua fi(x) tai x =a
Luu y: + Néu f(x) khong lién tuc tai xo thi may bao 15i “Math ERROR”

+ Néu f(x) dang lugng giac, ta d6i sang don vi Radian (SHIFT MODE
4)

Thao tac thyuc hién: | ER
[
= 2x° +3
Vi du 1: Tinh dao ham ctia ham sd x—2 taj diém x = 3.
A9 B.-11 C.9 D. -10

Loi gidi:



2x7+3
A 7 4 . ;. f('x) =
Ta thyc hién ca phap casio voi a = 3, x=2

Véi K, theo nhu dap 4n nhiéu t6i da dé cap o trén, ta thay B, C, D kha giéng
nhau vi déu la s6 am, con A khac nhat, do do6 ta s€ thu B, C, D trudc sau do6 moi
dén A.

2 = Math &
@ 2)6 +3 +11 s | [E::-::2+3] +
x| ox=2 o rd R | P
Nhap dé thir dap an B, .
(K=-11do dé -K=+11)
Két qua 1a 2, do d6 B sai.
<A o A & - _ 9 9 \ 9 = Math &
Ti€p tuc thtr dén C, véi K = -9, chinh con tro va stra o [ S 3] 4
dx( 2x* +3 9 dx L H-2 |x=3
~1 5 e | | 5., 18wt 2
thanh ta s€ dugc két qua 5,18.

1012, két qua nay rat nho va ta coi n6 nhu 1 0.

O Fl¥ Math &

Ta c6 thé chuyén ché d6 1am tron 9 chit s6 thap phan ol [ 2L +3] +9
sau d4u phiy bing thao tac SHIFT —MODE 69 | dxl H-E | =3
ta s& thay két qua 1a 0.000000000. 0. Qo0ooaaon

Do do C 1a dap an dung.

Ta van co thé tiép tuc thir dap 4n D va A dé kiém tra D va A sai véi K= -10

va K=9
E = Math & i o Math &
o [EH +3]| +b o [EHEJ,S] _q
l Bbe B s mel TRz M e=3
1 | 18
K=-10 K=0.
Vay C la dap an dung.
x:i
Vidu 2 : Gia tri dao ham cia ham s6 y = xsinx tai 3 Ia:
1 NER2 N 3.m
A. 2 B. 2 6 C.2 6 D. 2 6

Loi gidi :



Ham sb co6 chira luong giac, vi vay ta sé chuyén ché d6 Radian dé tinh, thao tac
la SHIFT - MODE — 4

Theo dap an nhiéu, ta c6 thé suy ra thu ty thar dap an sé 1a B, C, D sau cing la
dén A.

d . \/3 - [ . B Math A
E(xsm(x)) xn—(j—gJ 7 %E}:smi}:j:q =Kk
C i 3 21
Cul phép : de thu B \ { Dd?l'ﬁl?ﬁgl
Két qua khéac 0, do d6 B sai.
Chinh con tré va stra lai thanh o : 2o
p Ei}ialnik-i:l:qx:%b
di(xsin(x)) r —(73 %J I
3 3 dé thu C.

Két qua 1a 0. Vay C 1a dap an ding.

Néu C chua phai dép an dung ta sé tiép tuc thir dé tim ra dap an.

X' —x+3
A . 4 y = 4 L 7
Vi du 3: Cho d6 thi ham so6 (C): x=1 | viét phuong trinh ti€p tuyén cta
(C) tai giao diém cta (C) v6i truc tung 1a:

Ay=-x-3 B.y=-x+3 C.y=x-3 D.y=x+3
Loi giai:
Giao diém véi truc tung, c6 nghia la x = 0. Do d6 hé sd goc cua tiép tuyén sé& 1a
d(xz_x+3j E Math A
del xx1  JF0 . Z
y’(0). Ca phap dr\ x+l ta duoc két qua dex [ i H+:E1:. E]l S
lay’(0)=1. 1

D& thay y(0) = 3.
Do d6 y=x+ 3. Pap an D.
Vi du 4: Cho ham s6 y = 3x’=5x"+7 ¢4 @6 thi 1a (C). Viét phuong trinh tiép
tuyén cta (C) tai diém c6 hoanh do x = -2.

A.y=56x+75 B.y=-56x+75 C. y=56x-75 D. y=-56x -75
Loi giai:
Ta phai 1am 2 viéc, do la tinh dao ham cua y tai x = 2 y’(2) va tinh gia tri cua
ham sé tai x =2 y(2).



Math

Tinh dao ham ta dung cu phap: |
i o E
o= D [3%3 5% +7)| b

d
—(3x°=5x"+7)|,_
dx( ) = = 56, | EEI
Vay hé s6 goc tiép tuyén k = y’(-2) = 56 = —
. 3 _EYWE
Tinh gi4 tr ciia bidu thirc tai x = -2, ta nhap | 98— +7
ham 3x"=5x*+7 vio man hinh rdi nhan phim | -7

CACL, may s& hoi X? dé hoi gia tri cua x, ta
nhép -2 va nhan “=". Két qua la -37.

Phuong trinh tt: y + 37 =56 (x+2)

= y=56X+75. =>Dap an A
= Cac bai tap tw luyén:

Bai 1: Gia tri dao ham ctia ham sb V= Vo' +3-3x-1 tai x=1 1a?

3 1_3 __3_ 1.3
22 B 2 V2 c. 222 D 2 242
, _AXx 1-x ,
Bai 2: Cho ham so ¥ = 23 , g1a tri dao ham cua ham s6 khi x =07?
A. In2 + 3In3 B. -2 C. 4 D. In54
T
Bai 3: Cho ham s » =¢0s’ x.sinx gia tri dao ham cua ham s6 khi 3
7 _3 3 _7
A 8 B. 38 C. 8 D. 8
x—2

Bai 4: Cho db thi (C) x—1.Heé sb goc tiép tuyén voi (C) tai giao diém cua
(C) véi truc hoanh la:

1

1
Al B. 2 C. -1 D. 2
Bai 5: Viét phuong trinh tiép tuyén ctia d6 thi ham sb ¥ = X =350 +7 tai diém co
hoanh d¢ bang -1?

A, y=9%x+4 B, y=9x-6 C. y=9%+12 D, y=9%+18

Bai 6: : Phuong trinh tiép tuyén cia duong cong (C): y = x3 - 2x tai diém co
hoanh d6 x = -1 la:

Ay=-x-2 B.y=x+2 C.y=-x+2 D.y=x-2



x—1

. X . £ I S d . 22 F 1 A LS
Bai 7: Phuong trinh ti€p tuyén ctia ham so x+2 tai diém c6 hoanh d6 bang

=3 la
A y=-3x-5 B, y=-3x+13 C.y=3x+13 D V=3x+5
_ 92X+3
Bai 8: Cho ham sb y= . Gia tri dao ham cua y tai x = 3 la:
A. 2°In2 B.2'In2 C. 2"In3 D. 2In3

, r r _ 43 2 . 3: R p \
Bai 9: Phuong trinh tiép tuyén ctia ham s§ /() =X =2x"+3% 47 4iém c6 hoanh
do -1 la:

A y=2x-5 B.y=2x-4 C.y=10x-5 D.y=10x +4
| o=
Bai 10: Dao ham ctia ham so6 x+3 tat diem x = 1 la:
s 25 5 11
A. 8 B. 16 C. 8 D. 8

Bai 11: Cho ham sé / (¥)=(x=D(x" =2)'(3-2x")"2x =1 f'(1)},.

Al B.-1 C.0 D.2
Dapan: 1.D 2.A 3B 4A. 5C 6B 7.C 8A 9D 10.C 11.A

= Bai toan 2: Tim cong thirc dao ham ciia ham so.

%(f(x)) e

Cu phép:
Trong do: + 7 (x) 14 ham s6 can tim dao ham

+/ (%) la dao ham cua /(%) , 1a mqt trong bon dap an cua dé bai

+ x = X 1 gia tri bién cu thé ta dung dé tinh dao ham, tuy ting bai va
theo di€u kién xac dinh cua ham, ta gan X cho thich hop.

Ta s& dung chtc ning CALC cta may tinh dé gan gia tri cia x vao biéu thuc

trén, néu két qua 1a 0 thi f(x) d6 chinh 1a két qua dao ham cua f(x) can tim.



Vi du 1: Toi s& lay ngay bai toan ¢ Phan 2 dé 1am vi du.

c y=1 2 +1
Tinh dao ham ctia ham s6 Y =087 (x )

] ‘:; Y Zx y‘: 2x

AT Y B ’ (" +1)n2017  ~ Y'=55 5 7 (a7 +1)n2017

Lo gidi:
Nhu d3 phan tich ¢ phan 2, theo dap an nhiéu, ta s& thir theo thir ty B, D, A,C.

Nhép vao man hinh may cong thirc

%(logzon (x2 + 1))

[ = Math A
1 1
RPN X 1 "E
(x* +1)In(2017) 4 thir B. lkﬁ +1) 1N (Z017)

x=X

Sau d6 nhdn CALC, may s& hoi X? dé hoi gia tri ; B Meth A
cta X, ta s& nhap X = 1 r6i nhan “=", may s& hién E[ ].D'Elgni?[.'i'i:2+:l}
két qua: 0.06570849196.

0. 06570249196
Do do6 B khong phai déap an.
Tiép tuc thtr dén D, chinh con tro va sira lai thanh q T : Mm. *
J 2 - VEZ41) 1RIE0LTY
d_(logzmv(x +]‘))|x:,\'_ 5
x (x*+DIn(2017)  gay @6 thao
tac gibng nhu trén, X = 1 ta duoc két qua 13 0. _ —
2t
Do d6 D 1a dép an ding. A [1o9zgy 7 (8E+:F
Luu y: O day ta lay X = 1, mot s ban c6 thé thfg: I
véi X = 2 hodac X =3, ... tuy y, nhung vd1 mot so
gia tri cua X, ta s& khong thu duoc két qua 1a 0 tron - B Math &
trinh, ma chi thu duoc két qua 1a mot s vo cung E[ ]_IIIEIEDi?(:i'i:E{I}
nho. -2, 19513

Vi du v6i X = 2 ta dugc két qua 1a -2.19.1013
B FIE  Math &

Diéu nay khong dang ngai vi -2.19.10-13 <<0, vi thé | _d v
Y & dang nge E[lﬂggui?t:‘: + F

van coi két qua 14 0.

Dé khic phuc cac ban c6 thé str dung lam tron véi 0. onoooo
thao tac SHIFT - MODE —6— 6 ¢ lam tron két qua dén chit s6 hang thap phan
tht 6 sau ddu phay, ta dugc két qua 0.000000 v6i X=2.

Ta van c6 thé thir vi A va C dé thdy A, C déu sai.



Vi du 2: Pao ham ctia ham s§ ¥ = tan7x |3;

7 B 7 B 7 Tx
A. cos’ 7x B. cos’7x C. sin’7x D. cos® 7x
Loi giai:

Theo dap an nhiéu, ta s& thir A, B, D r6i dén C.
Trudc hét ta doi sang ché d6 Radian : SHIFT — MODE — 4

Ta ciing chuyén ché d6 lam tron FIX:

SHIFT — MODE — 6 —> 6 e
&

9 (tan(72)) d| _y ——— e L LANLUTRY ) oy B
Thr A, Ca phélp g(~) dx (cos(x)) I:I DDDDDD
Nhéan CALC, may héi X? ta nhap 7:3 roi nhan =
Két qua: 0.000000 do d6 A ding.
Ta c6 thé nhan CALC moét 1an nita, va nhap X? la | . e 4
. S CEANCTRD ) e b
4 de thir va van nhan dugc két qua 1a 0.000000. | 1,587,511
Vay A dung.
Luwu y: Néu cac ban khong chuyén ché d6 1am tron FIX, két qua nhan duogc khi

T

gan 3 s&1a-1.82.10. Két qua nay rat nhé so v6i 0 nén coi 1a 0.

Neéu cac ban muon kiém tra xem B, C, D sai. Ban chinh con tré va lam nhu tha
A. ban déu nhan duoc két qua khac 0.

Vay Pap an A.

=  Bai tap tw luyén:

2
Bai 1: Pao ham cta ham sb y:(x 2 ) bang:
A. 6x° —20x* +16x° B. 6x° +16x° C. 6x°—20x" +4x’ D.
6x° —20x* +16x
. hY 2 \ /( = 2 _ 3 A
Bai 2: Pao ham ctia ham s6 ¥ = V¥ —4x" |3;



2 x—12x* x—6x

x—6x 1
A, Vx'—4x B. 2vx’ —4x’ C. 2Vx* —4x D. 2Vx’ —4x’
Bai 3: Pao ham cta ham s V= Veotx |3

-1 -1

1
A. sin’ x+/cotx B. 2sin” x+/cotx C. 2+cotx D. 2+cotx

otx =

cotx = .
Goi y: ta thay ham tanx dé thyc hién ci phdp vao may tinh.

1
. YT a1 s
Bai 4: Dao ham cua ham so6 2x" +x+1 |
—(4x+1) —(4x-1) -1 (4x+1)
A Q¥ +x+1) g X +x+1) c X +x+1) p (2x" +x+1)’

y=(x2—2x+ 2)ex

Bai 5: Ham so c6 dao ham la:

2 x

" v X 1 /
AV =xTel g y'=-2xet o ¥'=(2x-2" D K¢t qua khac

Bai 6: Tinh dao ham ctia ham sb: »=*(nx-1)
A. Inx B. 1

1
Inx—1 -1
C. Inx D x

Bai 7: : Tinh dao ham ctia ham s6 ¥ =2017"

A Y'=x2017"" B »'=2017"1n2017
2017F
c. y=2016" D7 1n2017

p a2 .
Bai 8: DPao ham ctia ham s » =8In" 4x |3
A. 8sin8x B. 4sin8x C. sin8x D. 2sin8x

= Bai 9: Dao ham cua ham so V' = VCOSX |3;
sin x —sinx —sinx COS X

A. 2+vcos B. 2vcosx C. veosx D. 2vcosx

Bai 10: Pao ham ctia ham s /(¥) =2sin2x +cos2x |5.




A. 4cos2x+2sin2x C. 4cos2x—2sin2x

B. 2cos2x—2sin2x D. —4cos2x—2sin2x
bapan: 1.A 2.A 3B 4A 5A 6A 7B 8D. 9B 10.C

= Bai toan 3: Tinh dao ham cap 2 ciia ham so.
Bai toan: Cho ham s6 ¥~ /(%) . Tinh dao ham céap 2 cta ham s6 tai diém * =%
Buéce 1: Ta gan X =0.0000001, 0.0000001 — SHIFT — STO — X
X nay s& dong vai trd s gia A

Gia trj gan nay chi can du nho, khong nhat thiét giéng hét nhu toi gan.

d, .
, F(x): x=x —(f )]
Budc 2: Ca phap tinh dao ham cap 1 cua - tai ¥ = %o: dx
d
) _(f(x)) x=xp+X X
Budc 3: Dua con tr6 sira thanh:  dx ro1 tinh
Ans — PreAns

Budc 4: Tinh dao ham cap 2 tai xo: X
PreAns Puogc nhap bang thao tac ALPHA— Ans

PreAns 1a két qua cta phép tinh lién trudc phép tinh cudi cliing, Ans la két qua
nhé ctia phép tinh cudi cing.

Luu v: + S6 gia 2% tuy ¥ gan, do d6 c6 thé chwa du nho, dan dén két qua chinh
xac nhu két qua ciia d¢, co thé sai khac nhung rat nho.
+ Céc ban c6 thé tuy ¥ 1ay s6 gia A% ctr mién 1a S (xrt)=f(x)#0 13
duoc.

Vi du 1: Tinh dao ham cip 2 cua ham sb

tai difm x =4 Math &

y= Xt + \/; @
o 0. 0000001+%

Lo1 giai: i

10000000

Budc 1, ta gan sd gia 2 vao X, thao tac
0.0000001 — SHIFT — STO — X
Budc 2: tinh dao ham cép 1 ctia ham s6 tai diém x = 2. Lam nhu bai toan 1.

Math &

e (08D
3. 25



x=4

4o

Thao tac; dx

e
.

ro1 nhan

Ta duoc két qua: 8.25

Budc 3: Pua con tro stra thanh s Math &
L I e
i LI mg
p CE) N 3. 250000197
dx ro1 nhan “=” -
Ta duoc két qua 1a: 8.250000197 B tava
) . ANS—Preans
Budc 4 : Tinh gia tri dao ham cap 2 bang thao tac i
Ans — Predns 1. 968760403
X Két qua : 1.96876433
3
, : 21y
Loi binh : véi ham s6 nay ta ¢6 thé tinh dugc y>’ 4
63

Va khi x = 4 ta s& ¢ gid tri y”’(4)= 32 1.96875. Két qua nay hoi khac mot
chut so v&i két qua ta nhan dugc & trén. Nhung sy khac ndy rat nho khong dang
ke.

Ly do cta sy khac biét nay 1a do ta chon so gia /X gan & budc 1 chua du nho,
hon nira lam s6 cua ching ta la ~am vo ti, do do sy sai khac khi tinh s€ xay ra.

Trong qué trinh lam bai, ban doc can binh tinh dé tim két qua chinh xac.
e 14 — — 4
Vidu 2 : : Tinh dao ham cap hai cua ham so sau =(1-2x) 9

A “48(1-2x) g 24(1-2x)" o 48(1-2x))  p —48(1-2x)’

Loi gidi :
Ta tinh gia tri dao ham céip 2 ctia ham s tai 0. 00001 _}:{E Math &
X=2 i

. 100000

Budce 1 : Gan gia tri 0,00001 cho x,
Thao tac 0.00001 - SHIFT — STO > X

Math &

S 01-2004)) L
216



x=2

4 (1-2x)*)
Budce 2 : Thao tac @

ro1 nhan “=" dé tinh

Budc 3: Chinh tro chudt va stra thanh

d FI Fl FI = Math &
{029 e .
X ro1 nhan “=" tinh.
, 432, 0023797
Budc 4 : Tinh dao ham céap 2
Ans — PreAns
X = 432.0028797

Két qua c6 sai khac mot chut nhung khong dang ké, nhu 10i binh va chi y ¢
trén.

Vay y”’(2)= 432.
Ta tinh gia tri cia cac dap an tai x = 2, dap an nao la 432 do 1a dap an dang :

Dung chitc nang CALC tinh toan.

Dapan | —48(1-2x)° | g 24(1-2x)" | 48(1-2x)° | p —48(1-2x)’

X=2 -432 216 432 -216

Vay C 1a dap an dung.

= Bai tap tuw luyén

Bai 1: Pao ham cép 2 cta ham sb y = cos 2x 1a:
A. -4sin2x B. -2sin2x C. -4cos2x D. 4cos2x
Bai 2: Tinh dao ham cip 2 ctia ham s6 ¥ = 16 .

16
A V=xl6T g =160 o v'=16016 5 Y TIntle

Bai 3: Tinh dao ham cip 2 ctia ham s6 '~ (r=2)(x=3)(x-4) tai diém x =47

A. 0 B.6 C.-6 D. 2

yzix5—3x2—x+4

Bai 4: Pao ham cép 2 ctia ham sb 5 la:



A 4x’ -6 B. 16x° -6 c. 16x’ —6x D 16x* -6

bipan: 1.C 2.B 3.B 4B

= Bai todn 4 : Xét sy bién thién ciia ham sd.
** 4.1 Ham so khong chira tham so0.

Huong eiai 1:

d

Dung chure nang tinh CALC va dao ham tai 1 diém dx dé tinh gia tri dao ham,
tir 46 xét chiéu bién thién

Cu phéap: Nhap ham y = f(x)
Néu két qua > 0 thi ham dong bién, < 0 thi ham nghich bién.

Huodng giai 2:

Dung chirc nang TABLE tinh tryc tiép gia tri cia ham so tir d6 xét chiéu bién
thién.
1
) —x =x"+1 )
Vidul: Himsdy= 3 dong bién trén cac khoang :

A (—oo;O);(O;Z) B. (0;2);(2;+oo) C (—oo;O);(2;+oo) D. (—oo;O);(l;Z)
Loi gidi:

v Hudng giai 1: B Math &
O led wE
dx[l L ) D[ IxF-52+1]| .0
—| =x"—x"+1|
Budc 1: Nhap ham d \3 3
Budc 2: Nhan CALC may hoi X?
Nhin vio 4 d4p 4n, ta thdy ta s& xét X trén cic | o r1 = ["’? ath &
khodng cra kAR Y |
(=03:0). (0;2). (1;2) 5 (2:+0) -0.75
Do d6 ta s& 14y 3 gia tri ciia X dé thir d6 1a drlus vz g
Cr e o [
X=-1,X=15vaX=3 3




Tai X = -1.5 ta duoc két qua -0.75 < 0.

Do d6 ham s6 nghich bién trén (O;Z)Vé (12)
X = -1 va X = 3 thi ta déu duoc két qua >0. Do d6 ham sé dong bién trén
(—O0,0) va (2,+OO)
Vay dap an dung la C

v/ Hudng giai 2.
Ta dung chtc ning TABLE dé khao sat truc tiép 2 vy
ham sb can xét. fiaad

Budce 1 : Vao chiic nang TABLE :
Cu phap: MODE 7

Math

fUR1=3%5-HE+1

x):lx3—x2+l

Budc 2: nhap ham
Nhén “=”, may s& hoi 1an lugt START? END? va STEP?
START: gia tri khoi dau cho bién x

END: gia trj két thiic cho bién x

END: khoang céach giira 2 gia tri lién tiép ctia bién x (goi 1a budc nhay)

Nhin vao 4 dép an, ta thay ta s& xét X trén cac khoang

(—o0;0) (052); (12) y (25+0),

T6i s& khao sat gia tri ham s trong khoang tir

A 7. ’ 5 = Math
1 dén 3 véi budce nhay 0.3 | ﬁ] -E.I:E:Ellil
Nhap START = -1, END = 3 STEP = 0.3 |-
X F(X) !
-1 -0.333
-0.7 0.3956
-0.4 0.8186
-0.1 0.9896
0.2 0.9626
0.5 0.7916
0.8 0.5306
1.1 0.2336
1.4 -0.045




1.7 -0.252
2 -0.3332.6
2.3 -0.234
2.6 0.0986
2.9 0.7196

Luwu y: C6 thé mot s6 may s& hoi g(x), ta nhan “=" dé bo qua, ta duoc bang gia
tri:

Tt bang gia tri, ta c6 thé thay:

F(x) ting dan tir -1 dén -0.1
Giam dan tir 0.2 ¢én 0.8
Giam dan tir 1.1 dén 1.7
Tang dan tir 2 dén 2.9

Do d6 c6 thé biét duge ham sb dong bién trén (_0050)5(25 +°0)

Do d6 C la dap an dung

ye X +x-1
Vi du 2 : Cac khoang don diéu ctia ham s x—1 13;
A. Pong bién trén (—oo;O)Va (2;+00), nghich bién trén (0:1) va (1:2)
B. Pong bién trén (=230 va (0;1), nghich bién trén (2:40) va (:2)
C. Pong bién trén (0:1) vy (1;2), nghich bién trén (—0:0) 3 (2:40)
D. Bong bien trén (0:1) ya (=0:0), nghich bién trén (0:1) y (=30)
Loi giai :
v/ Hudng giai 1
Budce 1 : Nhap ham

i{x2+x—lJ
Cl] phé-p dx x—]

Budc 2 : Nhan CALC dé gan bién X.

x=X

O day ta c6 4 khoang can xét 1 (==;0) ;(051) ; (1:2) : (Z+e0)



Do d6 ta sé& thir 4 gia tri X 1an luot 1a -1; 0.5 ; 1.5; 3

1
[

X 0.5 1.5

y'(x) -3 -3

+ W lw

+ || w

Dau y’

Tir d6 ta thdy Hs: Pong bién trén (—0:0) Vé(2;+00)

Nghich bién trén (O;I)Vé(l;z)
Viay A la dap an dung.
v/ Hudng giai 2 : ’
Dung chure ndng TABLE, ta khéao sat ham s6 nhu sau :
Buéce 1 : vao TABLE véi thao tic MODE 7

2 _HEE 4l
Uf“(;() — :}i__j:ﬁﬁi:t_l .fIE ?{ j - }q__ 1
Budce 2 : Nhap ham : x—1

Buéc 3 : Nhan “=”

O day ta c6 4 khoang can xét 1a (_OO;O) ;(051) . (152) : (2§+°0)
Do d6 t6i s& khao sat voi x tir -1 dén 3 v6i budc nhay 1a 0.3
Nhap START = -1;

END =3; STEP =0.3

X F(x)
-1 0.5
-0.7 0.7117
-0.4 0.8857
0.1 0.9909
0.2 0.95
0.5 0.5
0.8 2.2
1.1 13.1
1.4 5.9
1.7 5.1285
2 5
2.3 5.0692

Math




2.6 5.225

2.9 5.4253
Ta dugc bang gia tri
Tu do:

F(x) Tang dan tir -1 dén -0.1
Giam dan tir 0.2 dén 0.8
Giam dan tir 1.1 dén 1.7
Tang dan tr 2 dén 2.9

Do d6 Ham sé;
DPodng bién trén (=0;0) Vé(2;+oo)

Nghich bién trén (O;I)Vé(l;z)
Vay A la dap an dung.

= Bai tap tu luyén:

-2x -5
Bai I: Himséy= X—2 dbng bién trén:
A (9032);(2;+00)
B. R
c. (=0;2];[25+0)
D (=%:2);(2;+)

, R B .
Bai 2: Khoang nghich bién cia hamsé ¥ =X 3% +4 39

A.(0;3) B.(2;4) C.(0;2) D. Dap an khac.

N 14 14 _— 4 2 A 9 N e
Bai 3: Khoang dong bién ctia ham s6 Y~ % +2X7 439 Chon cau tra 161
ding nhat.

A (=21 g (32 C.00:1) p. (=2=1);(0:1)
X

(Y= . .
Bai 4: Ham so X =2 nghich bién trén khoang nao? Chon cau diing nhat?

A (—00;2)



5. (2+0)
C. Nghich bién trén timg khoang xac dinh.
D. Dap an khac.

B35 Hamsd Y= x*=3x7+3x + 2017.
A. Nghich bién trén tap xac dinh.

(=3;+0)

C. Pong bién trén (L +0)
D. Déng bién trén TXD.
X

y =
\: \ J Jx?2 A - X A ) \
Bai 6: Ham so X —X dong bién trén khoang nao?

B. Pong bién trén

A (=L+o0) g (-0) c. [L;+0) D (L+o)
Luu y tap xé4c dinh.

A [742 .
Bai 7: Him s Y = X T V2x" +1 nghich bién trén?

A. (_w;_%] B. [_w;_%J c. (==-1)  p (—=0)

Bai 8: Ham s y =VX =~ 2 + V4= X nohich bién trén:

A 34 B, (%3) C. (V2:3) D.(2:4)
Bai 9: Ham séF‘/;_lnX nghich bién trén?
A, (€5+) B.(0:4) c. ) p. (~se)
Papan: 1.D 2.C 3D 4.C 5D 6D 7.A SA 9B

** 4.2 Bai toan chira tham sé m.

d

Ta sé& sir dung 2 chtrc nang 1a CALC va 4X tinh dao ham tai 1 diém dé xét.

9 e m))

Bude 1: Dung ché d6 tinh dao ham tai 1 diém dx

x=X

Trong d6: x: 1a bién so,



m 14 tham sd,

X 14 gia trj cua bién.
Budc 2 : ching ta s& gan X 1a gia tri nam trong khoang can xét dong bién hay
nghich bién, m chling ta s€ gan M 1a gia tri nam trong khoang hay doan m ma
dé bai da cho.
Buoc 3 : Sanh két qua nhan duoc véi 0.

- Néu < 0 thi ham s6 nghich bién
- Néu > 0 thi ham sé dong bién.

, [ 3 2 — A - K A \ A A \
Vidul:Hamsd Y =7 7MY =M g8ng bién trén (1 ;2) thi m thudc tap nao
sau day ?

3 o=

A, [310) B. (—033) c.\2 D. 2

Loi gidi ;

Budc 1 : Nhap ham _ m Math A
J 437 M= —H]| _
—(-X*+Mx -M)|,_,

Cl phap dx

Math &

S [=K3+ME )| .

o

M duogc nhap bang thao tac ALPHA— M

Budc 2 : Nhan CALC, may s& hoi X 2 va M ?
X ta s& 1ay ¢ khoang (1 ; 2), do d6 taldy X = 1,5
V6i M, ta s& thar M 1an luot nam trong khoang cua 4 dép an

9

Math &

2 [-5F+Hy2 —H."J|211b

o

Thir A, chon M = 3, nhén “=". Két qua 4 > 0.
Vay A la d4p an dang.

Dé khach quan hon, t6i s& 1dy thém mdt gia tri M
21

) —>
, V61 M =4, ta dugc két qua la 4

0
thuoc [3;+90)

To1 cling s€ thur cac dap an con lai dé thay B, C , D déu 1a cac dép an sai.

53
Chon M =2, ta s€ thir dugc ca B va C. vi 2 thudc (=o033) (2



Math &

3

M O
) -=—<0 L B R
V6i M =2, két qua: 4 iz L = M) xg
Do d6 B sai va C sai. 4
15 0 h'ld = EIE Math &
. ——< L= Y -
Thi D, Chon M = 1, ta dugc két qua 4 dx I: A=A H:Il .'-l'.I}
, ~ . 15
do d6 D ciing sal. l e
Vay Dap an la A.
. yzﬂf—(rn:—l))cz+3(m—2))c+l )
Vidu 2 : Chohamso : 3 3 . tham s6 m thudc

tap nao thi ham sé dong bién trén (2:40) ;

A. [§;+OO] B. [—00; _2;\/6J C. (_Ooéj D. (—oo5—1)

Loi gidi :

Van cach lam nhu trén

) . . T = Math &
Budc 1 : Ta nhap ham *EH_E:'::{"'%]lx:H
i(ﬂ)ﬁ —(M -D)X*+3(M -2)X + 1) -

dx\ 3 3
Budc 2 :gan gia tri g . i

| s S [ BE-(H-11%2 b

Nhén CALC, gin X =3 €(2+0) 18
26 ~ 2,22
Tatinh 2 .Do d6 chon M = -3 sé&

Math &

M =
thudc ca 3 tap ¢ B, C, D. ta s€ thu dugc ca 3 dap A Mo g EF‘
B [ BREF-(M-10%
24

Ta duoc két qua -18<0. Dod6 caB,C,Ddéu |
sal.

Nhap M= 4 dé thtr A, ta duoc két qua 1324 >0
Viy A l1a dap an dung.



Luru y : C6 thé nhan ra bai nay may hoi M ? trude r6i hoi X ? sau. Ly do 1a vi
khi ta nhap ham ta nhap M trude, di€u nay khong anh hudng dén két qua.

= Bai tap tu luyén :

—x>+3x* +3mx —1

Bai 1 : Vi gia tri ndo cia m thi ham s6 ¥ = nghich bién
trén (030)

A.m=0 B. m=1 Cm<l D. ms-]

_ q ) yzlx3—(m+1)xz+4x—5 . )
Bai 2 : Tim m d€ ham so 3 dong bién trén R ?

A m<-3mz21 g m>-3 C. m<1 D. 3<m<]

Bai 3 : Ham s6 y= X’ +3x* —mx -4 ddng bién trén (_w;o)khi m thdéa man ?

A m=-3 B. m>-3 C.m<-3 D m<-3
. . 2 (o — ) — ,
Bai 4 : Tim m dé am s6 y=> (m —x) rrlX+6nghichbién trén R ?
A. m=0 B. m<3 Cc.0<m<3 p m<Om=3
_ mx-—2

. Y sz x. : :
Bal 5 : Ham s6 —X +m dong ién trén moi khoang xac dinh khi m théa man ?

A M<—2m>v2 g —2<m<V2 ¢ meR p m<\2
mx + 4
Bai 6 : Him s6 y= X+m nghich bién trén (_Oo;l)khimth(’)amﬁn?

A 2<m<-1 B.m>-2 C. m<-1 D m<-2m2>-1

bapan:1.D 2D 3.D 4.C 5.A 6. A

= Bai toan 5 : Cac bai toan lién quan dén cwe tri ciia ham so.

*%5.1 Tim gi4 tri tham s6 dé ham s6 nhan A(xo;Yo) 12 cue tri
Bude 1 : tinhy’
Budc 2 : Dung SOLVE giai tim m theo cu phép :



' 1\{[ \
Y (x> SHIFT SOLVE rdi gan x = xo

L v I3 2 \ . \
Vidy 1 : Cho ham s ¥ =2X +3(m—Dx"+6(m-Dx -1 44 ham 56 nhan diém
A(l;-51a diém cyc tri thi giatrictamla ?

1
A. m=-1 B. m=1 C. m=0 D.m= 2
Loi gidi :

Buée 1 : Tinhy’

Math

y'=6x"+6(m —1)x +6(m—1) H-105+6CH-17, M

Buéc 2 : Nhip 6X* + 6(M —1)X+ 6(M —1),M

roi nhan SHIFT SOLVE

Miy sehoi X ? Odaydiém A (1;-5)lacuctri | 2w 4 cu 1546 (e
nén xo = 1. Ta nhp 1 “=” =
My hoi SOLVE for M? ta nhén “=" dé tim M. L-F=

 M=05=1
Két qua 2 =>PapanD

, , _ 3 ,
Vi du 2: Tim m dé ham s6 ¥ =MX" —6(M+DX+3 ppan 4idm A2 ; -13) 1 cuc
tri?
A. m=1 B.m=2 C.m=4 D.m=6
Loi giai:

Budc 1: Tinh y’

Math

AMEE -6 CM+10. M
y'=3mx> — 6(m+1) |

2
Buéc 2: Nhap SMX* —6(M+1).M
Math

[ w m
Nhén SHIFT SOLVE IHEE-ACM+1 0. M
X? gan x =2 rdi nhan = | L:E= [
Tadugc M =1 = Dap an A

*#%5.2 Tinh khoang cach giira 2 diém cuec tri.



Budc 1: Tinh y’,dung SHIFT SOLVE tim 2 nghiém y’ =0
Budc 2: Tinh khoang céch:

(x + 1)(x —2)2

Vi du: Cho ham s6 y= , khoang cach gifra 2 diém cuc tri 142

A 25 B. 2 C.4 D. 5v2

Loi giai:

Budc 1: Tinh

y'z(uv)':u'v+uv'=(x—2)2 +2(x+1)(x—2)

Math

CH=212 40 0%+170 kb
o 0
| —p= 0

Budce 2: Tim nghiém cia y’ =0

Nhap ((X - 2)2 + Z(X + 1)(X —2)):X

(X-2)" +2(X+1)(X-2)

Math

Nhén SHIFT SOLVE = ACR+1I0R-221+4
Nhan duoc X =0

Tiép tuc tim nghiém th 2: nhan phim miii tén
sang, stra biéu thirc nhap thanh

[
((x=2)"+2(x+1)(X-2)): X ﬁ

Math

(H-292+208+1)¢

kA [
o
-R I

Nhan SHIFT SOLVE = va ta dugc X =2

Dung CALC gan x ta dugc tung dd y cua 2 cyc tri

(X+1)(X-2)

Nhap roi CALC, 1an luot cho X =0va X =2

2 2
Ta c6 2 cuc tri: (0 ;4) (2 ; 0) => Khoang cach \/(0* 2) +(4 *0) = 2\/§

= Dap an A
Giai thich:
+ Tai sao khi tim nghiém thr 2 cua y’, ta lai sta biéu thic SOLVE thanh

((x=2) +2(x+1)(X-2)):X | |
? Ly do 1a vi da thtrc ¢6 1 nghiém x = 0 thi to1

s& thuc hién chia da thirc cho (x-0) = x dé tim nghiém tiép theo, néu dap an tim



ra nghiém thtr nhat x = Xo thi ta sé& sira biéu thirc SOLVE chia cho (x-Xo) dé tim
nghi¢m thu 2.

Vi du 2: Cho ham s6 y =x3-3x. Tim khoang cach giira 2 diém cuyc tri.

A. 2 B. 2v5 c. 23 D. 35

Lot giai:
Budce 1: tinhy’ y’ = 3x%- 3 ' - B Math
‘ o am—a
Tim nghiém cta y’: Y= 1
| L-R= 0

Thao tac 3X° =3 SHIFT SOLVE =

Tadugcx=1 Math

2 (3H2-30+0H-1)
Tim nghiém th hai, stra thanh (BX*=3):(X-1) s -1
SHIFT SOLVE L-R= [

Ta dugc x =-1
Vay 2 diém cuc trj 1a (=12)5(1;-2)

Khoang céch: 25 =>Pap an B

**5 3 Viét phwong trinh di qua 2 diém cuc tri y= ax’ +bx” +cx +d
Dang 1: Khéong chira tham sé m.
Budc 1: Vao ché do sé phitc CMPLX: MODE 2
Budce 2: Tinh y’; y”’
Yy
Budce 3: Nhap cong thiic 182 v¢i bién x (a1 hé s6 cua x3)

Budc 4: dung CALC gan x = i, ta dugc két qua 1a b + ai



= Phuong trinh qua 2 cyc tri s€ 1a y = ax+b (do x =1)

X , ) P R N
Vi du 1: Viét pt duong thang qua 2 diém cuc trj cia hamso ¥ =% 2x° —x+1

i _ -4 7 14 7 _14 7

A 9 9 g’ 99 7979 b7 9"
Loi giai:

CHPL® O] Math A&

Budc 1: ;'12—4;-:—1:1 [EH—d]

y=x —2x"—x+1

y'=3x"—4x -1

y'=6x—-4

Budc 2: nhap cong thue

(3x* —4x —1)(6x - 4)
18

Budc 3: nhan CALC, gan X =i, (nhap i 1a phim
ENG)

X -2x*—x+1-

7_14,
Budc 4: = két qua nhan duocla 9 9
-14 7
y =—X+—

Do d6 két qua s& 1a 9 9 =>Pap an A
Dang 2: Chira tham sé m.

Tuong tu nhu dang 1

Budc 1: Vao ché do sé phic CMPLX: MODE 2
Budc 2: Tinh y’; y°* theo bién x, m

B yl.yﬂ

Budc 3: Nhap cong thirc

15

CMPLY O] th

) R

182 v6i bién x,m (a 12 hé sd cua x3)

Buéc 4: dung CALC gan x =1, va m = 1000 ta duoc két qua 1a b+ ai

DPoc két qua.



Vi du : Viét phuong trinh dudng thang qua 2 diém cuc trj ciia ham so

y=x"—3mx’ +3(m2 —l)x—m3

2
A. y=2x-m B. y=-2x-m C.y=2x+m D. y=-2x+m
Loi giai :
Buédce 1 : Vao MODE 2
Buoc 2 .
‘2 EMP:LIE:I IIEE-H 5:;; ‘

o 3m? +3(mE =1 x —m° "ME -1 - .
y=X mx- + (II] )){ m .1 = I
y'= 3x* —6mx + 3(m2 — 1)
yn —6x —6m
Budc 3 : Nhap

(3){2 —6mx + ?a(m2 —
x® —3mx” + 3(m2 —l)x -m’ -
18

CALC, Gan x=i, m=1000 M MY @ Math &

wo—aMA=+3 M= -1k

Ta dugc két qua -1000-2i )
l -1000-21

-2i = -2%, -1000=-m
Do d6 y =-2X — m la dép an dung
= Dap an B

Kién thirc 2: Cac bai toan vé nguyén ham tich phin chong casio.

Theo xu hudng ra dé nam 2017, cac bai toan thudc vé nguyén ham tich
phan déu c6 xu huéng chong Casio, do do céc bai toan tich phan nguyén ham cé

dx
: —(f(x))
thé dung phép tha d

X=Xq

dé thr dap an sé khong con xuat hién nira,

[feodx=aK,
thay vao d6 1a nhiing bai toan dang m V&1 ta phai tim ai. Do d6 to1
s€ dua ra phuong phéap cho cac bai toan nhu vay.

= Bai toan 1: Tich phan chong Casio 2 4n



n

jf(x)dx =M +bN
Bai toan : m
M, m, N, n la nhiing hé“mg sb.a,bla nhiing s6 chua biét co thé thudc tap Q, Z
Tinh f(a,b) 1a biéu thirc bién a va b

jf(x)dx
Budce 1: Tinh tich phan m roi gan vao bién A

Budece 2:

Tuy vao bai todn ma ta s€ dua ra phuong phap giai h¢ hoac dung MODE 7 thir
dap an.

Néu phai ding MODE 7 thi doi héi su tu duy nhanh nhay méi dén dap an nhanh
duoc.

3X + SX —1 2
j- =aln—+b
Vidu 1: Giasarang I= - 3 . Khi do gia tri a+2b 1a?
A. 30 B. 40 C.50 D. 60
Lo giai: m Math &
. a z
Buéc 1: Tinh tich phan 1 rdi gan vao A. J_i SR AL
VP 0. Ge52307297
———  dx > SHIFT - STO — A
A Y X—2
Nhap -
Budc 2: Thir bang giai hé.
Vao giai hé 2 phuong trinh 2 an, nhin MODE 5
1 o] Math
I -uauu5 - | Daf

| ) b A E[ M 2 WI?]

n—la+b= =0
Ta co héptém a,b a+2b=K
K 1a 1 trong 4 dap an, nghia 1a 30; 40 ; 50; hodc 3 b .
60. AT ]
Tha K =30. Két qua: x =15.477....; y=7.261... 40

khong dep, do d6 A sai.



19 19
Pua tro chinh lai K =40. Két qua: x=21;y= 2 dep, dodda=21,b=2
Vaat+ 2b=401a dap an

= Dap an B
Ban doc c6 thé tir thir C va D dé thdy C va D sai.

Vi duy 2: Cho tich phélnI Io sindx =an+b
= 11

A. 32 B. 32 C.4 D.7
Lot giai:

Budce 1: Tinh I gan vao A

. Tinha+b?

F| Math &

Ham luong giac, ta chuyén vé Radian: SHIFT JE ' 4
o LSINCAI Tk

MODE 4
L 0.04452431127
g . 4
I(sm(x))
Nhap © SHIFT STO A i b @ ':':“h
{Wb:A R I e
_ -0. 15525
Buée 2: Gidi hé: 2 FP=K 6 K 12 mot trong

4 dap 4n cua dé bai.

- 3 -
Thir A: cho K =32 vao MODE 5 1 giai hé dugc x =32 ; y= 4 rat dep. Do d6 A
la dap an ding
Ban doc c6 thé tu thir dé thay B, C, D sai.
Luwu y: C6 nhimng cach khac voi dang nay, nhu rat an,... nhung cach 1am nay 13
ngan va nhanh nhét, do d6 t6i khong dé cap dén cac cach kia.

e

I= JXS\/XZ +1dx =
Vi duy 3: Xét tich phan 0
a-b.

A. 743 B. -64 C. 27 D. -207

a
b \ A A A A 9 7 oA
1a mdt phan s6 to1 gian. Tinh hi¢u



Lo giai:
C6 thé thay bai nay khong thé ap dung ludn cach lam giéng 2 vi du trén dugc.
o =2 —>a-bl=0
Ta bién do1 1 chut.
{a ~1b=0
Do d6 ta s& giai hé a-b=K

I 12 két qua ta tinh dugc bang may va gan vao
bién A, K 1a mét trong 4 dép an.

Budc 1:Thao téc tinh roi gan A: Jf P II.'?':E"'I S
V3
[ N | 8. 076190476

0 SHIFT STO A.
Budc 2 : vao giai h¢ MODE 5 1

) . o
- i ]

Nhéap hé s6 caa hé 2 -b=K 743

Thu A: Nhap K =743

Tinh duoc x = 848 va y = 105. Rat dep do d6 A 1a dap an ding

Ban doc co thé tu tha B, C, D dé théy 3 dap an do sai.

1=j;dx=a1n3+bln5
1

Vi du 4: Cho xv3x +1 . Gid tri cua biéu thic
a’+ab+4b° |3
A. 6 B.9 C.8 D. 11

Lo giai: To1 s€ dua ra 2 cach,
Céach 1: Rut bién.

5

1
[——ax
Tinh [1di gan vao A: 1 XV3X+1  sHiFTsTO A



A_blns I Math &

] I:A:aln3+bln5=>a=T =
Taco ,[1 ;-:;..'_3 dH A
| D Barraeeeas

b+4b?

2
22 4 ab + b :[A—bIHSJ +A—bln5

In3

Vao MODE 7. Nhap biéu thirc f(x) va coi b 1a bién
X

Math

e

-8
-1

X +4X° -

C)
f

)
y
1]
|

Find
I gll.2
2 170. 2
3 131.2

y
I
B

[A—XlnST , A-Xln5
Nhap f(x) = In3 In3
Nhan =, START chon -9, END chon 9, STEP chon 1.

X F(X)
-9 388.75
-8 308.14
-7 236.89
-6 175
-5 122.47
-4 79.315
-3 45514
-2 21.076
-1 6

0 0.2862
1 3.9348
2 16.945
3 39.319
4 71.054
5 112.15
6 162.61
7 222.43
8 291.62
9 370.16

Vi day ta thdy cac gia tri & dap an nguyén nén a, b nguyén, TABLE tinh t6i da
20 gia tri nén chon ttr -9 dén 9 1a bao quat nhét.

Ta c6 bang gia tri:
Tir bang gia tri ta thiy co 2 gia tri dep.

b= a +ab+4b’ =175



b=-1 a°+ab+4b’ =g

a’+ab+4b’= ¢ 13 mdt trong cac dap an cua dé bai, do d6 d6 1a dap an dung.

= Dap an A.

Céch 2: Bién ddi roi doan.

M Math &
s | JE 1
f——g——de e i
Tinh I: 1 XNVX 1 o 0,587 78e6649
I=aln3+bln5s
= Math Wk
== ln(3“.5b) gFn=
Taco: =>3"5"=¢' 1.8

, I, , Ans __
Tinh € bang thao taic © =

9

e’ =1.8===3%5"

Ta duoc két qua

Dodoa=2;b=-1

Thay vao tinh dugc: a’+ab+4b’ =6

= Dap an A
= Bai toan 2: Tich phan chdng Casio 3 an.

PP: Rut an roi dung Mode 7 dé thtr.

Vidu 1: (Dé thi minh hoa 1an 2 cta bd giao duc)

¢ dx
I 5 =aln2+bln3+clns

Cho 3% % . Véi a,b,c nguyén. Tinh S=a+b+c.



A.6 B.2 C.-2

D.0

Loi gidi:

Cach 1

Budc 1: Tinh gia tri tich phan rdi gan vio bién A.

Vi S=6

X f(x)
-9 10.24
-8 7.9809
-7 5.721
-6 3.4612
-5 1.2013
-4 -1.058
-3 -3.318
-2 -5.578
-1 -7.738
0 -10.09
1 -12.35
2 -14.61
3 -16.87
4 -19.13
5 -21.39
6 -23.65
7 -25.91
8 -28.17
9 -30.43

4

I dx
X TX SHIFTSTO A

]
—

Budce 2: Bién d6i gan bién
A=aln2+bIn3+cln5
S=a+b+c=>a=S-b-c
A=(S-b-c)In2+bln3+cln5

A—-SIn2+c¢(In2-1n5)
In3—-1In2

Coi b 1a ham f(x), ¢ 1a x, A da biét,

J

= Math &
4 1

-+
3H2+HdH A

0.0e455552114




S ta s& thir vao 1 trong 4 dép an.
Vao MODE 7
Thir dap an A, ta lay S =6.

£(x) = A-6In2+X(In2—-1n5)
Nhap ham In3—1In2
START -9, END 9, STEP 1.

Ta c6 bang gia tri:

Ta thay khong c6 gia tri nguyén nao cia x va f(x). Do d6 S = 6 khong phai dap
an dung, loai A.

Vi S=2

X f(x)
-9 17.078
-8 14.818
-7 12.559
-6 10.299
-5 8.0394
-4 5.7795
-3 3.5197
-2 1.2598
-1 -1

0 -3.259
1 -5.519
2 -7.779
3 -10.03
4 -12.29
5 -14.55
6 -16.81
7 -19.07
8 -21.33
9 -23.59

Thir dap an B, lay S=2
x) = A-2In2+X(In2-In5)
Nhép ham In3—-1In2




START -9, END 9, STEP 1.
Ta c6 bang gia tri:
Ta thay voi x = -1, thi f(x)=-1 gi4 tri nguyén

= c=-1. b=-1

= S=2

= DPap an B.
Pé chic chan, ta sé thi lai dap an:
b=-1,c=-1=>a=4

A—(4In2-In3—-1In5)

Cu phép:
Ta thay két qua 13 0.
Do d6 B ding 1a dap an ding
Ban doc c6 thé tu thu dé théy C,D1a 2 dép an sai.
B-(41n(2)-1nLa0
I

Cach 2:
I=aln2+bln3+cln5=In(23"5°)
Taco =>2°3"5¢ =¢'
dx

2
Do do tatinh 3% X

a=4
4
e =%: 31251 =235 = b=-1
Nhip c=-1
= S=a+b+c=2
= Dap an B

Vidu 2: Cho T(0) = (@x” +bx+c)2x~1

10x* —7x+2 (1
Vxe| —;+o
J2x -1

la mot nguyén ham cua

g(x) = j )
véi a, b, ¢ 1a s6 nguyén. Tinha+b +¢?

A 2 B.0 C.4 D.2



Loi1 gidi:
Céch 1:
Do f(x) 1a mot nguyén ham cua g(x). do do f’(x)=g(x)

f'(x)=(2ax +b)v2x 1+ (ax” +bx +¢)

Tinh Jax -1
(23,)(+b)\/ﬁ+(aXz +bx+c) 10x* —7x+2
V2x -1 V2x -1

Ta c6: =>(2.‘;1x+b)(2)41—1)+(ax2 +bx+c)=10x2 —7x+2(1)

Pang thirc (1) ding véi moi x. Ta thay gia tri
bat ki ctia x vao (1) R

x=1=>(2a+b)+a+b+c=5
x=2=>(4a+b)3+4a+2b+c=28 7
x=3=>(6a+b).5+9%+3b+c=71

LLI ML —

mLnru

!% i
| ] T—

a=2
=-1
Vao MODE 5 2 giai hé 3 phuong trinh 3 4n ta co:

=> a+hb+c=2
= Dap an A.
Cach 2:

Ta c6 thé ddng nhat hé s tir dang thirc (1) cta cach 1.
(2ax+b)(2)<;—1)+(ax2 +bx+c): 10x* - 7x +2(1)

Sa=10
o Sax’ +(3b-2a)x+c—-b=10x"-7x+2=><3b-2a=-T7=>a=2b=-1l:c=1
c—-b=2

Cach 3:
Dung dinh nghia tich phan:

f(x) 1a mot nguyén ham cta g(x) nén:



’ b
Jgdx =f(0)| =f(b)~f(@)

ke "

I 1,05 -I'EH—iI}
I =
¢, o ArbresfO-f)=[eo |75y gopsa7Es

1
2 L => 2

Lai c6 f(1)=a+b+c 1a biéu thirc can tinh ' Y

1
Do tai x =2 thi g(x) khong xac dinh, do d6 ta s& tinh gan dung.
1 2
| 10X — 7X+2 1y =1.9985 ~ 2
L V2x+1

|
C phép tinh: 2™
Do d6 atb+c=2 => Pap an A.

= Bai tap tu luyén

| "2052,"2 dx =a + b\3(a,be Q)
w COS X S1n- X
Bai 1: Cho tich phan ¢ . Tinha+b?
_2 2
A. -2 B. 3 C.3 D. 3

T
2
I(COSJ X — l)cos“ xdx =a+bn
0

Bai 2: Cho tich phan (@,b€Q) Tinh a +b?

v 3 17 53
A. 60 B. 60 Cc. 60 D. 60
F rar v
de:a\/g+bx/§(a,beQ)
Bai 3: cho tich phan 0 1 T €082X . Tinh a+b?
7 1 4 2
A. 12 B. 3 C. 3 D. 3



sin” X

dx =an+b(a,be).

| A C—

sinX —cos X
Bai 4: Cho tich phén 2 Tinha + b?

A 2 B.0 C.-2 D.3

3
I\/l—\/gsinZX +2cos> xdx =a+/3 +b(a,beZ)
Bai 5: Cho tich phan o

Tinh a + b?
A. 2 B. -5 C.5 D. -8
3
J’ 0053_X+2COSX dx=aln2+bln3+c(a,b,ceZ).
© 2+ 3sinx —cos 2x

Bai 6: Cho tich phan

Tinh gia tri biéu thtc a+b+c?

A. -3 B. -2 C.2 D.1
Ix(x +sinx)dx =arn’ +bn+c(a,b,c€Q)
Bai 7: Cho tich phan o . Tinh gia tri
bicu thirc at+b+c?
10 10 4 _Io
A 7 B. 9 C.3 D. 9
fl-x
j > e"dx:aez+be(a,beQ)
Bai 8: Cho tich phan. 1 * . Tinh gi4 tri biéu thirc
a+b?
A -1 B.0.5 C.1 D.2

Dapan: 1.C 2C 3.B 4B 5A 6D 7.C & B

Kién thirc 3: Xir Iy vector trong khong gian

O day, t6i khong dua ra phuong phap, t6i s& chi dwa cach tinh tich vo hudng,
tich c6 huong, do dai vector.

MODE 8 1 1: Nhap dir li€u cho vector A
MODE 8 2 1: Nhap dir liéu cho vector B



MODE 8 3 1: Nhap dir liéu cho vector C

Trong moi trudong vector:

SHIFT 5 1: Nhap lai dit li¢u cho cac vector A, B, C
SHIFT 5 2: Truy cap dir licu cac vector A, B, C

SHIFT 5 3/4/5: Trich xuat dir li€u vector A, B, C ra ngoai man hinh (Nhép thao
tac)

SHIFT 5 7: tich vo huéng (dot)

Abs: d0 dai vector.

-

(12;—4;3)
-
b=(2;—l;5)

Vi du : Cho 2 vector
Tinh tich vo6 hudng, tich c6 huéng ciia @ va b,

Tinh ||

S5
i VETE

Lo gidi: [ Iz -y ]
+ Nhap dit liéu 2 vector @ va b =
Nhép 2: MODE 8 1 1 r6inhap 12; -4; 3

WETE

N . B

Nhap b: MODE 8 2 1 rdinhap 2; -1; 5 L 2 -1 -]
Nhan AC 5
+ Tinh tich v6 hudng:

VETE
Thao tac: SHIFT 53 SHIFT5 7 SHIFT 54 = Yot VotB
Két qua: 43 4
Déu ® biéu thi cho phép nhéan vo hudng
+ Tinh tich ¢6 hudng: chi can nhép lién tiép 2 .
vector A va B YotAVCTHE



Thao tac: SHIFT 53 SHIFT 54 =

, arb | =(-17,-54;4)
Két qué 1 [ vira
"mmE sy -ul
+ D0 dai vector A, -1
WETE
Cui phap: Abs(VetA) fbs (Yot
Thao tac: SHIFT Abs SHIFT 5 3 = 13
Két qua: |21=13
- | YITE
i <05(aib) Vet Yot B (b
G phép: VEtA ® VetB: (Abs(VetA)Abs(VetB)) l 0. 60535952501

rd

- a.b’
cos(a;l;j — ——»|—l;:|z —0.638992301

Két qua: al.

= Bai tap dp dung:

- -

a(2;5;4);b(6;0;—3)

Bai 1: Goc gitra 2 vector 1a?

A. 30° B. 45° C. 90° D. 60°
Bai 2: Cho A(OL1):B(22:2);C(52:1):D(%3:-2) 114 tich cua tir dién
ABCD 13?

A.5 B. 4 C.6 D.9

Xx+2 y-1_ z+l

Bai 3: Khoang cach tir diém A (1 ; 2; 1) dén duong thang 1 2 —2
la?

A 2 B. 3 cC. 4 D.\E

x-1 y+3 z-4 = x+2 y-1 z-1

d,: ;d,
Bai 4: Cho 2 1 —2 —4 —2 5



Khoang cach giita 2 duong thang d1; da 132
11 5

A. J5 B. 35 5 D. J5

C.
Dap 4an: 1.C 2.B 3B 4A
Kién thitc 4:Cac bai toan so phikc.

= Bai todn 1: Tim s6 phiic z
Phuong phap:

+ Vao modi trudng sd phirc MODE 2.
+ Tinh toan

, . . _ _ . _ .3
Vidu I: Tim s6 phtric z thoa man (1+1)(2i+1)z-2-6i=2i

A. 1+ 2i B. 1-2i C. 1+ D. 1-i

Loi giai: , -
Budce 1: Ta vao mdi truong sd phic: MODE 2 é §$E$ E EEEE%H

Bucc 2: Tinh todn it EIVECTOR
_ 21 + 2 +6i o @ Woth &
Tuwdébai  (1+I)(2i+1), i
2 + 2+ 6i 1-1

Ta nhﬁp (1 +1)(21 +]) nhén 2
ta dugc két qua: z=1 —1i.
= Dap an D
(I1+i)z

Vidu 2: Tim $b phtrc z thoa man 3-1
A. 5+2i B. 3+4i C. 4+i D. 1+2i

—(3+2i)i+4i" =1+3i

Loi gidi:

Buédce 1: Vao moi truong MODE 2 |: P @ D
+ A+ A+ 1y -
Buéc 2: Tinh 1+ai+a+21 114k

a+di



7 143+ (34 2i)i—4i): L0
Nhép biéu thirc 3-1
Két qua z = 3+4i

= DPap an C.
= Bai toan 2: Tim so phirc chira ca z va z ¢ dap an.

Phuong phéap: vao MODE 2 16i tinh toan

Vi du 1: Tim s6 phtrc z thoa min (2+31)Z+(2+1)Z:_2+41

A. 3+2i B. 1+3i C.4+i D. 2+3i
Loi giai:
Budce 1: vao MODE 2 (CMPLX)

Budc 2: Ta coi z 1a bién X, Z nhap véi thao tac SHIFT 2 2 rdi X (Conjg(X))
roi thir dap an.

CMFLY Math &

(2+31)X + (2 +i) Conjg(X) (2+31 )0+ (2+1 Lok

Nhép biéu thuc:
Nhén CALC, tién hanh thir X g+1di
Pap an A, nhap 3+2i “=”, két qua 8+12i. Do do EEEEY
A sai. 1+3i
, : : : £
Nhan CALC lan nira roi nhap 1+3i dé thir dép an | +21
B. Két qua 1a -2 + 4i giéng v6i dé bai,
EMPL:': Math &
Tiép tuc thao tac nhu trén thir C, D dé théy C, I
D 1a 2 dap an sai. 1
CMPLA Math & CHMPLE Math &

EE+31)E+EE+1)EDP EE+31JH+EE+1JEDF
14+16i 2+81



= Bai toan 3: Tim sé phirc chira ca z va z khong c6 dap an.
Phuong phap:

Budc 1: Vao MODE 2
z=X+Y1
z=X-Yi

X =100

Y =0.01

Buéc 2: Coi { , tinh biéu thirc r6i dung CALC gan {

Budc 3: Phan tich két qua

Vidu 1 : Tim s phtic z théa mén (1+i)z+(2—i)z:11+i?

Loi gidi:
Bai toan nay, dé bai khong c6 sin dap an dé thir nhu vi du 1. Ta thirc hién nhu
Sau:

Budc 1: Vao MODE 2

CMPLY Math &
v (L G )+ (5
- _ i 14999 1 .
Buéc 2: Coi (2= XY =0 100
Nhap (T+)(X+ Y1)+ (2-1)(X = Yi) (1on o& trsi
{X =100
CHMFPLE Math &
Nhan CALC réi nhap Y =001 roi “=" I: 1+i I:'l;':'l+ll'lll %;'EIEEIEF
9 1 99,080,014 | -0.011
Ta dugc két qua 50 100
Nhéan phim S < D d@é chuyén sang dang thap phan
X =100;y=0,01
299.98=300-0,02=3.100-2.0.01=3X -2Y
—0,01.i=-Y.

Phan tich:

3X-2Y =11 {Y:—l

=>
Theo dé bai thi vé trai 1a 11+ =>{—Y =1 X=3



= z=3-1

Vi du 2: Tim s6 phitc z thoa min Z+(2+1)Z:10+21?

Loi giai:
. . CHMPL® Math &
Lam nhu vi du 1. I:,':'::+"|"1:I+I:E+1:II:H k-
Budc 1: Vio MODE 2 0001 , 2999 5
100 ' 100
Buéc 2: Nhap (X+Yi)+(2+1)(X-Yi)
X =100 CMPLY Math &
‘ {Y__001 EH+T1)+EE+1JEH I
CALC rdi cho ¥ =YY ez a00, 01
. .
30001 , 9999, 99.951

1=300,01+99,991

Két qua: 100 ]00
{300,01:3.100+0,01:3X+Y
Phan tich: 99,991:(100—0,01)1:(X—Y)1

3X+Y =10 X=3 )
=> =>z=3+1
X-Y=2 Y =1

= Bai todn 3: Tim Mé dun sb phirc z

Phuong phap:
Budc 1: Vao MODE 2
Budc 2: Tinh toan, M6 dun thao tac SHIFT HYP (Abs)

Vidu 1: Tim mé dun s phirc z = (4+1)(2+)

Loi giai:
Budc 1: Vao MODE 2 CMPLY Math &
|E4+1JEE+1J|
Budc 2: Tinh
I

Nhap (4+1)(2+1)] s ta dugc két qua V85

+3 s . _ A
Vi du 2: Tim md dun s6 phirc z théa man (4+1 )21 (3+4i)z=7-2i



Loi1 gidi:
BU%6c¢ 1: Vao MODE 2

CMPLY O] Math &

it el - B R
—[3+4i]
5

|7—2i—(4+i3).2i
—(3+4i)

e

Budc 2: Nhap ‘
Két qua: V5 => Pap an B

Chu y: Néu bai toan hoi tim mé dun cta sd phiic z v6i biéu thire chira ca z va z
thi ta thuc hién tim z nhu bai toan 2 roi thue hién tinh mo6 dun so phirc vira tim
duoc.

= Bai toan 4: Giai phwong trinh phirc .
Phuong phap:

+ Néu phuong trinh khong chtra i: vao MODE 5 3 (bac 2), MODE 5 4 (bac 3)
thuc hién giai nhu s6 thuc

+ Néu phuong trinh phirc chira i: Dung CALC thay dap 4n dé thu.

Vi du 1: Giai phuong trinh z° —2z+10=0

A z=-1%31 B.z=2%2i C.z=-3%21 D. z=1%3i
Loi giai:
= Math
Bude 1: Vao MODE 5 3 Y e
Budc 2: Nhap h¢ s6: 1; -2; 10 nhén “=" 10

Két qua: z=1£31
= Pap an D
Vi du 2: Giai phuong trinh: 2° —iz+3i+1=0

z=1-1 z=1-1 z=1-1 z=1+1
Lo gidi:
Budc 1: Vao MODE 2

CMPLY O] Math



BU6c 2: Nhap biéu thie X —iX +3i+1
Nhan CALC r6i lan luot thir cac dap an.
Két qua: Pap an B

= Bai todn 5: Bai toan quy tich.

Phuong phap:

+Thay diém thoa méan cia quy tich vao biéu thirc xem ¢ théa min biéu thirc
khéng.

+ Puong thang thay 2 diém, dudng cong thay 3 diém.

Vi du 1: Cho sé phirc z théa man: |Z2—21+1 =lz—i+3]
Tim tap hop diém biéu dién cua sb phuc z.
A. 3x+2y+4=0 B. 4x+6y+5=0 C. 4x-6y+7=0 D. 3x+2y+1=0
Loi giai:
Buéce 1: Vao MODE 2
z=X+Yi

BU6c 2: C '{Z:X_Yi oL @ Wath &
coo | 5Yi-21+1 | - | H—p

17-10

Nhap | X+ Yi=2i+1]-| X~ Yi-i+3]
Thir, két qua cho 1a 0 thi d6 1a dap an dung.

Tht A. dudng 3x+2y+4 di qua diém (2)

Nhin CALC cho X=0; Y=-2 két qua 1a V17 —V10 = L oai A

-
Thtr B: Buong 4x+6y+5 di qua 6

CALCchoX=0;Y = taduockétquala0

CMFLY [C] Math &

B c6 thé 1 d4p 4n dung, ta thay thém 1 diém |+ -2i+1 |- | %-E
nira.

| I



-5 5
——;O] _=
ta thay diém [ 4 J. CALCchoX = 4:;Y=0kétquavinla0

= B la dap an dung
= Bai todn 6: Tim Argument.

Pay 1a dang toan chi c6 trong chuong trinh nang cao, nén rat kho xay ra trong
dé, nhung t6i van dé cap dé cac ban tham khao

Phuong phap:

MODE 2 viao mdi trudng sd phirc
SHIFT MODE 4 vio ché d6 Radian
SHIFT 2 1 (ARG)

Vi du: Tim Argumen cta s6 phirc Z=1- Vi ?

T on T kon T kon X rKk2nm

A 4 B. 3 C. 4 D. 3
Loi giai:
MODE 2 vao moi trudong ) phtrc CHPLY @ Math &

NV aral1-{31)
SHIFT MODE 4 vao ché do Radian i
‘ , G | =
SHIFT 2 1 rdi nhap s6 phirc Z=1-V31
) T xon

két qua

= DPap an B

= Bai tap ap dung

Bai 1: Goi z1;22 1a 2 nghiém phirc cua phuong trinh 2 +2z+1=0
A :| Z1 |2 + | 22 |2 béng‘?

A 2 B. -7 C.8 D.4



Bai 2: Goi z1;22 1a 2 nghiém phurc cua phuong trinh z°+4z+5=0_ Phin thuc

cia & % Iy
A. 6 B.5 C.4 D. 7
L _3-4i
Bai 3: S6 phtrc 44— 1a?
16 11, 16 13, 9 4. 9 23,

= _— 7 =———

Z= 1 Z
A 15 15 B 17 17 ¢ 55 D 25 25

Bai 4: Cho sé phttc z thoa man: (3~ 21)2=4(1=1)=(2+i)z

M6 dun cua z la:

3
A V3 B. V5 c.V10 p 4
2
\ . =(v2+1) (1=-~21)

Bai 5: Phan 4o cua s6 phuc ‘ (\/_ 1) ( \/_1) bang:

A. —2 B.2 C. V2 D. 3

A=(2-3)(1+20)+ 2L
Bai 6: Cho 3+2i A bang:
—114-2i 114+ 2i 114-2i —114+2i
A. 13 B. 13 c. 13 D. 13

Bai 7: S6 phuc z thoa min z2-(2+3i)z=1-9i E
A. -3-i B. -2-i C. 2-i D. 2+i

Bai 8: Trén mit phang Oxy, tip biéu dién z thoa: zi—(2+1)[= 2y,

a (x=1) +(v+2) =4 C. 3x+4y-2=0
B. x+2y-1=0 D (x+1) +(y-2) =9
Bai 9: Cho z=1 _i‘/g. CHon ménh dé sai:
2n
A. z c6 1 acgumen la 3
B. |z]=2

C. E=1+\/§i



( 5m .. SRJ
zZ=2| cos—+1sin—
D. Z ¢6 dang luong gidc 3 3

Bai 10: Céc s6 thirc X, y thoa man XAy +5xi=2y — 1+ (X =) |

N (X;y)=[%;§] . (X;y)=[—%;gj
N (X;y)=[—%;3j > (X;y)=[—%;—§j

Dapan: 1.D 2.A 3B 4C 5C 6.B 7C 8 A 9.A 10C



